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Chuwong 04
DIEM - DUONG VA MAT PHANG

of LY thuyét
—

1. MGt phéng

= Dinh nghia:

U227, Hinh anh md phong trong thuee t& vi du: mat guwong phang, mit ho phang lang
duoc xem 1a mot phan ctia mit phang,.

#% Chii 1] :

v' Mt phéang ko c6 bé day va khong bi gidi han.

v Cach biéu dién mat phang 1én mat phang hinh hoc: diing hinh binh hanh hay mét géc

va ghi tén ctia mat phang vao mot goc ctia hinh.
v Ki hiéu mat phang:
mp(B), mp(Q), -..amp(e),mp(B);:-

2. Diém thudc mat phdng

-

i ——3

v=»"_Dinh nghia:
"2 Cho diém A va mp(a) . Khi do:

M
» Diém A thudc (a)hay A nam trén (a) hay

(a)chta A hodc diqua A . / / = /
P a

* Kihiéu: Ae (a) ya

» Diém A nam ngoéi(a)hay (a) khong chtta A hodc khong diqua A .
= Kihiéw: Ag(a).
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3. Hinh biéu dién c0a mét hinh khéng gian
\ 7/, Cdc nguyén tdc vé hinh:
Khi vé mot hinh khong gian 1én bang, 1én gidy ta tuan tht nguyén téc sau:

(1) Hinh biéu dién ctia duwong thang la duong thang, ctia doan thang 1a doan thang.
(2) Hinh biéu dién ctia hai dwong thang song song 1a hai duong thang song song, hai

duong thang cat nhau 1a hai duwong thang cat nhau.

w

Gift nguyén quan hé thudc gitta diém véi duong thang.

=

Nét lién dé vé dwong nhin thay, nét dut doa dé vé duong bi che khuat.

Bao toan ty l¢ gitta cac doan thang song song, cac doan thang cuing nam trén mot

o

duong thang. Khong bao toan vé goc.

(6) Mot tam giac bat ky déu dugc coi 1a hinh biéu dién ctia tam gidc c6 dang tly y/(
vudng, can, déu).

(7) Hinh binh hanh 1a hinh biéu dién cho hinh binh hanh cé dang tly y (hinh binh

hanh , vuong, chit nhat, thoi) va kem theo ki hiéu vudng, béng nhau néu la hinh

déc biét.
s g B C 3
A c D l,i.B.’. ..... Jo | a D
Cac mit phang: i B C P i B :
ABCD),(ADD'A"), SAB),(SBC),
» Nhin thay (SAB),(SBC) | (SBC),(SCD) ( M )| (s4B).(5EC)
(DcC'D) (scp)
SAB),(SAD), | (A'BC'D'),(ABB'A’),
» Khong nhin thdy | (SAC),(ABC) (548).(54D), | { ) ) (SAD),(ABCD)
(ABCD) (BCC'B)
4. Cdc tinh chat thua nhan
Tinh chat Hinh minh hoa
# Cé mot va chi mot duong thang di qua 02 diém B
01 A

phan biét.

¥ C6 moOt va chi mot mat phéng di qua 3 diém khong
02 thang hang. ﬁ/ Ae 'V
= Ki hiéu: (ABC). B

% Néu mot duong théng o6 hai diém phan biét thudc

mot mat phang thi moi diém ctia duong thang déu

O 3 thudc mat phing dé. /ﬁ( G\A\\B\ /
M

{Aeam(a)jAch(a)

Bean(a)
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% Difm M va duong thing AM déu nam trong
0 4 (ABC) vi M thudc duong thang AB con AM trung

véi duong thang AB ma AB nam trong (ABC).

()5 | * Ton tai 04 diém khong cling thudc 01 mat phang. / a .
P

ching con c6 diém chung khac nita.

* Néu hai mt phang phan biét c6 01 diém chung thi /
A

= Néu hai mat phﬁng phin bigt c6 mét diém chung thi
06 chiing c6 mét dwong thing chung chira tdt cd cic diéin

\
chung ctia hai mgt phing.
: ) . 38
% Puong thang chung goi la giao tuyén cia hai mat ?/ \C

phang.

()7 | #* Trong mdi mit phang, cac két qua cua hinh hoc phang déu dung.

5. Cdc cdch xdc dinh mat phang
Mat phéng duwoc xac dinh Hinh minh hoa
* Khi biét né di qua 3 diém khong thang hang cho

01 trude. /I/ o .C/
= Ki hiéu: mp( ABC)hoic(ABC). B

* Khi biét né di qua moét dwong thang va mot diém

(02 | khong nam trén duong thang d6. / — "M /
= Ki hiéu: mp(d; A)hodcmp(A;d). =

* Khi biét né di qua hai duong thang cat nhau. dj A
03 = Ki hiéu: mp(a;b) hoac mp(b;a). o dg
6. Hinh chdp va tu dién
=

-=1"_Dinh nghia:
—=~~"Trong mit phang (o) cho da giacI6i A A,...A, . LAy S ndm ngoai ().
» Lanluwotndi S véi A, A,,.., A, dwoc n tam giac: ASA A,,ASAA,,..,ASA A,.
» Hinh gom da gidc A/A,..A, va n tam giac: ASAA,,ASA A,,..,ASA A goila
hinh chop.
= Ki hiéw: SAA,. A .

» TOAN TU TAM - 0901.837.432




Chuong 01
QUAN HE SONG SONG

Y« Hinh tir dién la hinh dwoc tao thanh tir bon tam gidc
AABC,AABD,AACD,ABCD trong dé A, B,C,D A
khong dong phing.
» Dil’lh: A, B,C,D
» Mat bén: AABC; AABD; AACD
» Canhbén: AB; AC; AD
» Mat déy ABCD
01 » Canh day: BC; BD;CD D C
» Cap canh doi dién: BC; AD va BD; AC va
AB; DC.
» Dinh d8i dién v6i mit: dinh A d6i dién (BCD); B
dinh B d4i dién ( ACD); dinh C d6i dién & Lwu y:  Tip dién déu la hinh it dién co
(ABD); dinh D di dién (ABC). bon mdt la cdc tam gidc déu.

s

Y Cdc mdt bén, canh bén, canh ddy cua hinh chop
S.ABCD.

02 » Mat bén: ASBC; ASAD; ASCD; ASAB

» Canhbén: SA;SB;SC;SD D c
» Canh day: AB; BC; AD;CD
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0éCdc dang bai tap
—

R~ Dang 1. Cdc tinh chat dugc thira nhdn cua hinh hoc khéng gian

A .
& Phwong phap )
* Chting minh diém M thudc mit phang (a)

» Cdch 1: Diém M c6 trong tén mat phang.
» Cdch 2:  Diém M thudc mot duong thing nam trén mit phing («).

* Chttng minh duong thang nam trén mit phang (a) :

Tim hai diém phan biét thudoc duong thang nam trén mat phang

Cho hinh chép S.ABC ¢6 M, N Ian luot 1a trung diém cua AB,BC. Goi I la giao di€ém
cia AN va MC . Chting minh rang:
(1) M e(ABC). (2) MN = (ABC). (3) SI =(SAN).
= Loi giai
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R~ Dang 2. Xdac dinh giao tuyén cua hai mat phdng phan biét ct nhau

— #:i': Phwong phap )

0 Giao tuyén ctia hai mit phang phan biét 1a duong thang chung (duong thing di qua it nhit 2
diéin chung) ctia hai mat phang d6.

O Ta thwong gap:
Gia thiét M=d nd,;d c(a);d, c(B)
Tinh huéng 01 1A
Két luan M e(a)r‘\(ﬁ)
Gia thiét Me(a)m(ﬁ);Ne(oz)ﬁ(ﬁ)
Tinh huéng 02 1A
Két luan (a)m(ﬁ): MN

0 Ky thuat: ~ N&i cdc doan hogc kéo dai cic doan thang c6 trong mat phang dé tim diém
chung va cha y nét vé dut hoac lién.

£ Vidy 2.1.

Cho hinh chép S.ABC c¢6 M la trung diém ctia AB. Xac dinh giao tuyén ctia mat phang
(SMC) véi mat phang (ABC) .
= Loi giai

4 vidy2.2.

Cho hinh chép S.ABC c6 M,N lan luot la trung di€ém ctia AB,BC. Xac dinh giao
tuyén ctia mit phang (SMC) véi (SNA).
= Loi giai
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4 vidy 23.

Cho hinh chép S.ABCD, day ABCD 1a t giac c6 cac cdp canh d6i khong song song,
diém M thudc canh SA. Tim giao tuyén cua
(1) (SAC) va (SBD). (2) (SAC) va (MBD).

4 Vidy 2.4.

Cho t& dién ABCD. Goi I,] la cic diém [an luot ndm trén cic canh AB,AD véi
Al = %AB, Al = %]D. Tim giao tuyén cua:

(1) (ACD)n(CI}) (2) (CI1)~(BCD)

......................................................................................

» TOAN TU TAM - 0901.837.432



Chuong 01
QUAN HE SONG SONG

< 4 Vvidy 25.

~ Cho S 1a mot diém khong thudc mat phang (P) chita tt gidc ABCD c6 AB khong
song song CD; BC khong song song DA . Tim giao tuyén cua :
(1) (SAB)~(SBC) (2) (SAB)~(SCD)
(3) (SAD)(SBC) (4) (SAC)n(SBD)

= Loi giai
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R~ Dang 3. Xdc dinh giao diém cUa dudng thdng vat mat phdang

— i, Phuong phip ) .
0 Bai todn: ~ Tim giao diém ctia duong thang va mat phang
Gid thiet | dz(P),Med,Me(P) d
M L
Keét ludn M = dm(P) A /i
Ta co6 cac truong hop sau xay ra.
Trong (P) c6 san duong thang a cat d tai M
Truong hop 01
ruong nop @Tutrinhbdy:amdzM,ac(P):dm(P)zM.
Trong mit phang (a) chua ¢6 duong a cat d. Khi do
O Buéc1:  Chon mat phang phu (P) chtra d.
O Bugc 2:  Tim giao tuyén a cua (P) va (a).
O Buéc3: Trong (P), cho a cit d tai M, khi d6 M thudéc d, M
thudc a ma a chita trong (o). Vay M la diém can tim.
R’ Ta trinh bay:
3 Chon (P) chtta d.
Trudmg hop 02 O Tim (P)m(a)=a.
Med
0O Trong (P),amd=M:> :>dr\(a4)=M
Mea,ac (a)
/o ;
. J

{ Vidy 3.1.

Cho bon diém A, B, C, D khong dong phéng. Goi M, N Tan luot 1a trung diém caa
AC va BC. Trén doan BD ldy diém P sao cho BP =2PD. Tim giao diém cta duong
thang CD va mat phang (MNP).
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Cho tt dién ABCD. Goi E va F lan luwot la trung diém ctia AB va CD; G la trong tam
tam gidc BCD. Tim giao diém ctia duong thang EG va mat phang (ACD) .
= Loi giai

4 Vidy 33.

Trong mit phang (a) , cho tt giac ABCD . Goi S la diém khong thudc (a) , M la diém
ndm trong tam gidc SCD . X4c dinh giao diém ctia AM va mét phing (SBD).
= Loi giai
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Vidy 3.4.

 Cho t& giac ABCD c6 AC va BD giao nhau tai O va mot diém S khong thudc mat
phang (ABCD). Trén doan SC 14y mot di€ém M khéng tring véi S va C. Tim giao

diém ctia dudong thdng SD véi mit phing (ABM).
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R~ Dang 4. Ba diém thdng hang - Ba dudng déng quy

— #:i': Phwong phap )

O Bai todn: chiing minh ba diém A, B,C théng hang
g Taching minh ba diém dé dong thoi thudc (a) va (B)

Suy ra A,B,C nam trén giao tuyén ctia (a) va ( [)’) nén chiing thang hang.

Ac()n(9)
Cosd 1Be(a)n(8) = AB=AC=(a)n(8)
Ce(a)n(s)

0 Bai todn:  chiing minh ba duong a,b,c thang hang
g Tachon mot mat phang (P) chtta duong thang ava b.
Goi I =anb chitng minh I € ¢ (chiing minh ba diém thang hang nhw trén).

A vidy 4.

Cho 3 diém A,B,C khong thudc mat ph:fmg (P),BCm(P)=M,CAm(P)= N,
AB~(P)=0Q. Chting minh M, N, P thing hang.

= Loi giai

d vidy 4.2.

Cho ti dién SABC. Trén SA,SB va SC 14y cac diém D,E va F sao cho DE cit AB tai
I,EF cit BC tai [, FD cit CA tai K. Chttng minh réng ba diém I,],K théng hang.

= Loi giai
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dVidy 43

Cho t& dién SABC.Goi L, M, N lan luwot la cdc diém trén cac canh SA, SB va AC sao
cho LM khéng song song véi AB, LN khong song song véi SC . Mt phang (LMN )
cit cac canh AB, BC, SC lanluottai K, I, | . Chiing minh ri“mg badiém M, I, | théng
hang.

4 Vvidy 4.4,

Cho hinh chép S.ABCD c6 ddy ABCD khéng phai l1a hinh thang. Trén canh SC lay
diém M. Goi N la giao diém cua duong thing SD véi mit phing (AMB). Ching

minh réng ba duong thang AB, CD, MN dbng quy.

= Loi giai
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4 vidy 4.5.
Cho hinh chép t¢ giac S.ABCD, goi O la giao diém ctia hai duwong chéo AC va BD.
Mot mat phrfmg (a) cit cdc canh bén SA,SB,SC,SD tung ng tai cac diém M,N,P,Q.

Chiting minh rang: Cac duong thang MP,NQ,SO dbéng qui.

{ Vidy 4.6.
Cho tit dién ABCD. Goi M, N lan luot la trung diém ctia AB va CD. Mt phéng (a)

qua MN cat AD, BC Tan luot tai P va Q. Biét MP cat NQ tai I. Chiing minh ba
diém I, B, D théng hang.

= Loi giai
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c o
Luyén tap

A &

A. Céu héi— Trd 1oi trdc nghiém

» Cau 1. Trong hinh hoc khong gian:, cho trudc mot mat phang (P) . Khang dinh nao ding?
A. Biém ludn phai thudc mat phéng (P) .
B. Diém ludn khong thudc mit phang (P) .
C. Diém vira thudc, dong thoi vira khong thudc mat phang (P) .
D. Diém c6 thé thudc mat phang (P) , c6 thé khong thudc mit phang (P) .

» Cau 2. Trong cc khang dinh sau, khang dinh nao ding?
A. Qua 2 diém phan biét c6 duy nhat mot mat phang.
B. Qua 3 diém phan biét bat ki c6 duy nhdt mot mat phang.
C. Qua 3 diém khong thang hang c6 duy nhat mot mat phang.
D. Qua 4 diém phan biét bat ki c6 duy nhat mot mat phang.

» Cau 3. Cho 2 duwong thang a,b cat nhau va khong di qua diém A . X4c dinh dwoc nhiéu nhat
bao nhiéu mat phang béia, b va A?

Al B.2 C.3 D. 4.
» Cau 4. Mot hinh choép c6 day la ngii giac ¢d s6 mat va sd canh la:

A. 5 mat, 5 canh. B. 6 mat, 5 canh.

C. 6 mat, 10 canh. D. 5 mat, 10 canh.

» Cau 5. Cho hinh ch6ép S.ABCD c6 déy la hinh thang ABCD(AD//BC). Goi M la trung diém
CD. Giao tuyén ctia hai mt phang (MSB) va (SAC ) la:

A. SI (I la giao diém cua AC va BM). B. S] (J la giao diém ctia AM va BD).
C. SO (O la giao diém cua AC va BD). D. SP (P lagiao diém cua AB va CD).

» Cau 6. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Giao tuyén cua hai
mgt phang (SAC) va (SBD) la
A. SO. B. SC. C. SD. D. SA.

» Cau 7. Choboén diém A, B, C, D khong dong phéng. Goi M, N lan luot la trung diém cua AC
va BC. Trén doan BD 14y diém P sao cho BP =2PD. Giao diém ctia duong thang CD
va mit phang (MNP) la giao diém cua
A. CD va NP. B. CD va MN. C.CD va MP. D. NP va AP.

» Cau 8. Trong mit phang (a) cho t& giac ABCD, diém E ¢ (a) Hoi c6 bao nhiéu mat phang tao
bdi ba trong ndm diém A,B,C,D,E?

A 7. B. 8. C. 9. D. 6.

» Cau 9. Cho t& dién ABCD. Cac canh AC,BD, AB,CD, AD, BC ¢6 trung diém lan lwot 1a
M,N,P, Q,R,S.Bon diém nao sau day khong cung thu¢c mot mat phéng?

A. M,P,R,S. B. M,N,P,Q. C. M,R,S5,N. D. P,Q,R,S.

» Cau 10.Cho tt dién ABCD. G la trong tam tam gidc BCD. Giao tuyén ctia hai mit phang
(ACD) va (GAB) la
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A. AN, N la trung diém CD. B. AM, M la trung diém AB.

C. AH, H lahinh chiéu ctia B trén CD. D. AK, K lahinh chiéu ctua C trén BD.

» Cau 11.Cho hinh chép S.ABC. Goi M nam trong tam giac SAB, N thudc doan BC . Giao tuyén
cta (SMN) va (ABC) la
A. NA. B. NE v6i E=SMNAB.

C. NF v6i F=SMNAC. D. NK véi K ndm trong tam gidc ABC.

» Cau 12.Cho hinh chép S.ABC. Goi H, K lan lwgt 1a hai diém trén hai canh SA; SC (
H#A;H#S va K#S5,K#C)sao cho HK khong song song voi AC. Goi I la trung
diém ctia BC. Giao diém ctua duong théng BK va mat phéng (SAI ) la
A. ] v6i J=SIBK. B. ] v6i J=SINBH.

C. ] véi J=SINHK. D. ] véi J=SINHK.

» Cau 13.Cho hinh chép S.ABC. Goi Mla trung diém SA; Nva P lan luot la diém bat ki trén
canh SB, SC (khong trung véi trung diém va hai dau mut ctia doan thang tiwong ting).
Giao diém ctia MNvéi (ABC) la
A. Giao diém ctia MNvéi BC. B. Giao diém caa MPvéi BC.

C. Giao diém cuia MNvéi AB. D. Giao diém cua MPvéi AC.

» Cau 14.Cho t¢ dién ABCD. L4y diém M sao cho AM=2BM va N la trung diém AD. Goi O
la mot diém thudc mién trong cia ABCD va gia s MN cdt DB tai F.Giao diém cua
BC vé6i (OMN) la
A. Giao diém ctia BC v6i OM. B. Giao diém cta BC vdi MN.

C. Giao diém ctia BC véi OF . D. Giao diém cua BC véi ON.

» Cau 15.Cho hinh chép S.ABCD c¢6 ABCD la hinh binh hanh. Diém M thudc canh SC sao cho
SM=3MC, N la giao diém cua SD va (MAB) Goi O la giao diém cua AC va BD . Khi
d6 ba duong thang nao déng quy?

A. AB,MN,CD. B. SO,BD, AM. C. SO, AM, BN. D. SO, AC,BN.

B. Cdu hoi - Tra loi Diing/sai

» Cau 16.Cho tir dién SABC. Goi M va N Ian lwot la hai diém trén hai canh AB va BC sao cho
MN khong song song véi AC . Khi do:

M¢énh dé Ping | Sai

(a) | Puong thang MN cat duong thing AC.

Giao diém cta duong thang MN va mét phang (SAC ) la giao diém

cua MN va AC.

Giao tuyén ctia hai mit phang (SMN ) va (SAC ) la dwong thang di

(b)

(c)
qua giao diém ctia MN va AC.

Giao tuyén ctia hai mit phang (SAN ) va (SCM) la dwong thang di

(d)

qua giao diém ctia MN va AC.
» Cau 17.Cho t& dién ABCD. Goi I,] Tan luot la trung diém caa AD,BC, M 1a mot diém trén
canh AB,N la mot diém trén canh AC sao cho MN khong song song BC . Khi dé:
M¢énh dé Ping | Sai
(a) | ND la giao tuyén ctia hai mit phang (MND),(ADC ) :

(b) | BI 1a giao tuyén ctia hai mt phang (BCI ),(ABD).
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(c) ‘ I] 1a giao tuyén ctia hai mit phang (IBC ),( ]AD) : ‘ ‘
Giao tuyén ctia hai mt phang (IBC ),(DMN ) song song voi duong
thang 1] .
» Cau 18.Cho hinh chép S.ABCD c6 day la hinh binh hanh. Goi O la giao diém ctia AC va
BD; M, N lan luot la trung diém ctia SB,SD; P thudc doan SC va khong la trung diém
cta SC. Khi do:

Ménh dé Diling | Sai

(a) | Giao tuyén ctia hai mit phang (SAC) va (SBD) la SO.

Giao diém E ctia duong thang SO va (MNP) la giao diém caa MN

va 50.

Giao diém Q cta duong thang SA va (MNP) la giao diém caa PE

va 50O.

Goi I,],K lan luot la giao diém caa QM va AB, QP va AC, QN va

@1 ap, Vay I,],K thang hang.

» Cau 19.Cho hinh chép S.ABCD cé day ABCD la hinh binh hanh. Goi M, N Ilan luot la trung
diém ctia SA, SB, O la giao diém ctia AC va BD . Xét tinh dting sai cac khang dinh
sau:

(b)

(c)

M¢énh dé Pung | Sai
(a) | Giao diém ctia duong thang SA va (ABCD) la diém D.

Giao diém ctia duong thang BD va (SAC) 1a trung diém ctia doan
thang AC.

(¢) | Giao diém ctia duong thang SO va (ABNM) 1a diém D.

(d) | Goi I giao diém ctia SO va méit phang (MNCD). Khi d6 SI =210
» Cau 20.Cho hinh chop tt gidc S.ABCD c6 ddy ABCD la hinh thang can (AD//BC ,AD>BC ) .|

(b)

la giao di€ém ctia ABva DC. Ola giao diém cia ACva BD. M, KIan luot 1a trung diém
ctia SC va AD. Xét tinh ding sai cac khang dinh sau:.
Ménh dé Pung | Sai

(a) | Badiém S,0,I thang hang.

(b) | Ba diém K,O,I thang hang.

(c) | DM cat mat phang (SAB) tai J, khidé S,],I thing hang

Mit phang () qua M cdt cac canh SA,SB,SD Ian luot tai P,N,Q

thi SO, MP,NQ dong quy.

C. Ciu héi - Tra 1oi ngin

» Cau 21.Cho t& dién ABCD. Goi G, ] lan luot 1a trong tam AABD, AACD . Goi d la giao tuyén
ctia mt phang (AGJ) va (BCD). Biét ABCD la tam giéc déu canh bing /3. Tinh
khoang cach tit D dén duong thang d .

(d)

= Dién dap so:
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» Cau 22.Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O. Goi M 1a trung diém
SC va I la giao diém ctia AM va mit phing (SBD) . Biét rang ASAC vuodng tai S va
AC =6. Tinh d0 dai doan OI.

= Dién dap so:
» Cau 23.Cho tit dién ABCD c6 tat ca cac canh bf“mg 1. Goi I, J lan luot la trung diém cua
AC, BC, K la mot diém trén canh BD sao cho KB=2KD . Tinh dién tich cta thiét dién

tao boi (I]K) va ti dién ABCD. (lam tron dén hang phin trim)

= Dién dap so:
» Cau 24.Cho hinh chép S.ABCD c6 day ABCD la hinh vuong tim O, canh bang 4,
SA=SB=SC=SD=a\2.Diém M 1a trung diém SC. Goi N giao diém ctia duong

thang SD véi mat phang (ABM). Ti s6 2_1; bang

= Dién dap so:
» Cau 25.Cho hinh chép S.ABC c6 ddy ABC la tam giac vudng can tai A va AB=2.Lay diém M
la trung diém SB, 14y diém E ddi xiing v6i B qua C, N 1a giao diém cua SC va BE.
Lay dién F d6ixtng véi C qua A, duong thang NF cat SA tai P . Trong méat phang
(SAB) dudng thang MP cat AB tai G. Khi d6 d6 dai EG+GF bang? (lam tron dén

hang phan tram)

= Dién dap so:
» Cau 26.Cho hinh chép ti giac S.ABCD, goi O la giao diém cua hai duong chéo AC va BD.
M, P Tan luot 1a trung diém SAva SC, mot mat phang (a) qua MP cat SB,SD lan luot

tai Nva Q .Goi I 1a giao diém MP va NQ, khi dé i s5 %bémg?

= Dién dap so:
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of LY thuyét

gy —
1. Vi tri tuong déi cUa hai dudng thdng trong khéng gian

, @

o=+ Dinh nghia:
Ex “2-~"Hai duong thing goi 1a dong phing néu chiing cing nam trong mot mit phing.
Chuy:

» Hai duong thang chéo nhau néu ching khong déng phang.

» Hai duong thang song song néu chiing dong phang va khong cé diém chung.
» C6 ding mdt mat phang chita hai duong thang song song.

/ b a//b<a va b cing nam trong mot mgt phang va khong c6
P / diém chung.

a b

a cat b hay anb<> a va b cung ndm trong mot mat phang
y va c6 moét diém chung duy nhat.

/ a=b <> a va b cung nam trong mot mat phang va cd tir hai
diém chung tro lén.

A l // a chéo b<> a va b khong cing nam trong mot mit phang.

2. Tinh chat cd ban vé 2 dusng thdng song song

\-“Binh 1y 1

» Néu ba mit phang d6i mot cat nhau theo ba giao tuyén
phan biét thi ba giao tuyén dy hodc dong quy hodc doi Me /
mot song song voi nhau P

» Nhdn xét:

Ta c6 thém mot cach dé xac dinh mat ph:?mg nhu sau: a ,
Hai dwong thang song song a va b xdc dinh nén mt mat phang /

kyj hiéu (a,b).
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., -“Dinh 1y 2: V& giao tuyén 2 mat phdng
S Trong khong gian, qua mot diém khong nam trén dwong cho truedc, cd mot va chi
mot duong thang song song song duong thang da cho.

? Ny
[
Oy

* Néu hai mat phang phan biét [an lwot chita hai duong thang song song thi giao
tuyén ctia chiing (néu cd) ciing song song véi hai duong thang dé hoéc tring véi
mot trong hai duwong thang do.

AR AT
e /

b b

@

- “Dinh Iy 3:

» Hai duong thang phan biét cing song song véi duong

thang thit ba thi song song véi nhau. Jé; o
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0éCdc dang bai tap
—

R’ Dang 1. ChUng minh hai dudng song song

— . Phuong phip ),

01

O Ta c6 thé dung mot trong cac cach sau

Xét mit phang chtra a, b.
Dung cac dinh ly duong trung binh, Dinh ly Thales dao,

... d€ ching minh a//b.

02

Dung dinh ly béc cau {;xz =a//b.

03

a/[b a/lbffc
Dung dinhly {ac (a),b c (,6):> a=sb
(@)n(s)=c o=

d Vidy1.1.

Cho t& dién ABCD c6 M, N, P, Q lan luot la trung diém ctia cac doan théng
AB, CD, BC, AD . Chting minh rf”mg tk giac MPNQ 1a hinh binh hanh.

= Loi giai

A vidy12.
Cho tit dién ABCD c6 I; ] Tan luot la trong tam cta tam giac ABC, ABD .

Chttng minh rang: IJ//CD.
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£ Vidu13.
Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M,N,P,Q Ian luot la
cac difm nam ndm trén cic canh BC,SC,SD,AD sao cho MN//BS, NP//CD,
MQ//CD . Chtrng minh PQ//SA

= Loi giai

4 vidy14.

Cho t& dién ABCD. Goi M,N,P,Q,R,S lan luwot la trung diém cua
AB, CD, BC, AD, AC, BD . Chttng minh MPNQ la hinh binh hanh. Ttt d6 suy ra ba
doan MN, PQ, RS cit nhau tai trung diém G cua moi doan.

= Loi giai
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4 Vidu15.

- Cho hinh chép S.ABCD c6 day ABCD la mot hinh thang véi day 1én AB. Goi M,N
lan luot 14 trung diém ctia SA,SB. Goi P 1a giao diém cua SC va (ADN), I la giao
diém cta AN va DP. Chung minh: SI//CD.

= Loi giai
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R~ Dang 2. Giao tuyén cla 2 mdt chua 2 dudng thdng song song

— ;& Phwong phap )
» Budc 1: Xac dinh diém S e (a)m(ﬂ) (S 1la mot diém chung caa (a) va ([3))

» Budc 2: Xac dinh duong thang a c (o:) va duong thang b c ( B ) sao cho a//b.
» Bude 3: Kétluan (a)n(8)=Sx véi Sx la duong thing di qua diém S va Sx//a//b.

£ Vidy 2.1.

Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Xac dinh giao tuyén cua hai
mat phang (SAB) va (SCD).
= Loi giai

4 vidu 22.

Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Lay diém M thudc canh
SA.Goi E va F Ian luot la trung diém ctia AB va BC. Xac dinh giao tuyén cta hai
mat phang (MEF) va (SAC).

= Loi giai
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{ vidy23.
Cho hinh chép S.ABCD c6 day la hinh binh hanh. Biém M thudc canh SA, diém E
va F lan lwgt 1a trung diém ctia AB va BC.
(1) Xéc dinh giao tuyén ctia hai mat phang (SAB ) va (SCD) .
(2) Xac dinh giao tuyén cua hai mit phing (MBC ) va (SAD).
(3) Xac dinh giao tuyén cta hai mit phing (MEF) va (SAC).
= Loi giai
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4 Vidy 2.4.

K, diém M thudc canh SD.

(1) X4c dinh giao tuyén (d) cua (SAD) va (SBC).

(2) Tim giao diém N cua KM va (SBC).
(3) Ching minh rang: AM, BN, (d) dong quy.
= Loi giai
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B~ Dang 3. Giao diém st dyng giao tuyén song song

% ;ﬁ Phuong phdp )

» Budc 1: Xac dinh giao tuyén song song (Sx)
» Budc 2: Giao tuyén Sx cat mat dang xét tai 1 diém.
» Budc 3: Két luan giao diém can tim.

% Nhan xét: Thong thuong "S" sé nam trong mat phang con lai

£ Vidy 3.1

Cho hinh chép S.ABCD c¢6 day ABCD la hinh thoi. Trén doan SA 14y diém M sao cho

SM = iSA, trén doan SB 1dy diém N sao cho SN =2NB. Biém P nam trén canh SC
va khong trung vdi S.

(1) Tim giao tuyén ctia hai mat phang (MNP) va (SCD) .

(2) Tim giao diém ctua SD va (MNP)

Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Goi M 1a diém thudc canh
SA (M # A,M #8§). Tim giao diém K cua BM véi mit phing (SCD).
= Loi gidi
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£ Vidy 3.3,

" Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh. Trén canh BC,AD,SD Ian
Bl _A] SK

lwot 1ay cac diém I,],K sao cho — = =——. Tim giao diém ctia SC vdi mat
BC AD SD
phang (I]K).
= Loi giai
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c o
Luyén tap

A. Céu héi— Trd 1oi trdc nghiém
» Cau 1. Chon khéang dinh ding
A. Hai duong thang khong c6 diém chung thi chéo nhau.
B. Hai duong thang phan biét khong cat nhau thi song song.
C. Hai duong thang khong cting ndm trén mot mét phang thi chéo nhau.
D. Hai duong thang khong cé diém chung thi song song véi nhau.
» Cau 2. Cho hinh t dién ABCD . Khang dinh nao sau day dung?
A. AB va CD cat nhau.
B. AB va CD chéo nhau.
C. AB va CD song song.
D. Ton tai mot mat phéng chtta AB va CD.
» Cau 3. Chon khéang dinh sai
A. Hai duwong chéo nhau thi khong c¢6 diém chung.
B. Hai duong thang khong c6 diém chung thi khong chéo .
C. Hai duong thang chéo nhau thi khong cting nam trén bat ki méat nao.
D. Hai duong thang c6 tir 2 diém chung thi triing nhau.
» Cau 4. Cho ba mat phang phan biét cat nhau tlig ddi mot theo ba giao tuyén d,,d,,d, , biét 4,
song song véi d,. Khang dinh nao sau day la dung?
A. d ,d.chéo nhau. B. d,,d, cit nhau.

1773

C. d,,d,song song voi nhau. D. d,,d, trung nhau.

» Cau 5. Cho hai duong thang a,b chéo nhau. Mot duong thang ¢ song song véi a. Khiang dinh
nao sau day dung?

A. b va ¢ song song. B. b va ¢ chéo nhau hodc cat nhau
C. b va ¢ catnhau. D. b va ¢ chéo nhau.
» Cau 6. Cho hai duong thang phan biét khong cé diém chung cing nam trong mot mgt phang
thi hai duong thang d6
A. song song. B. chéo nhau. C. cat nhau. D. trung nhau.

» Cau 7. Cho hinh chép S.ABCDc6 day ABCD la hinh binh hanh. Goi d la giao tuyén ctia mat
phing (SAD) va (SBC). Tim ménh dé ding
A. d qua S vasong song véi BC B. d qua S vasong song véi AB
C. d qua S vasongsong véi DC D. d qua S vasong song v6i BD

» Cau 8. Cho hinh chép S.ABC Goi M, N la trung diém SA,SC,P nam trén canh AB sao cho
AB=3AP. Goi Q la giao diém ctia BC va mat ph:fmg (MNP). Khi d6 BQ:CQ b%lng
A. 1:1. B. 2:1. C. 3:1. D.1:2.

» Cau 9. Cho hinh chép S.ABCD, c6 day ABCD la hinh binh hanh. Biém M thudc canh SC sao
cho SM=3MC, N la giao diém ctia SD va (MAB). Khi d6 hai duong thing CD va
MN 1a hai duong thang
A. song song. B. chéo nhau. C. cat nhau. D. trung nhau.

» Cau 10.Cho cac ménh dé sau:
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(I) Hai duong thang song song véi nhau thi dong phéang.
(IT) Hai dwong thang khong c6 diém chung thi chéo nhau.
(IT) Hai duong thang chéo nhau thi khdng c6 diém chung.
(IV) Hai duong thang chéo nhau thi khong dong phang.
Cé bao nhiéu ménh dé dung?
A. 1 B. 3. C. 4. D.2.
» Cau 11.Cho hinh chép S.ABCD c6 day la hinh binh hanh. Goi M, N lan lwot 1a trung diém cta
SA, SC. Goi d 1a giao tuyén ctia hai mit phang (BMN ) va (ACD). Ménh dé nao sau

day dang?
A. d qua D vasong song voi AC. B. d qua B vasong song voi AC.
C. d quahai diém A va C. D. d qua hai diém B va D.

» Cau 12.Cho hinh chép S.ABCD c6 day la hinh binh hanh. Goi M 1a mét diém trén canh SC (
M=#=S va M#C).Goi d la duong thang qua diém S va song song véi AB, d' la duong
thang qua diém S va song song véi AD. Ménh dé nao sau day dung?

A. BM khéng cat mit phang (SAD).

B. BM cit mit phéng (SAD) tai mot diém thudc SD.
C. BM cit mit phéng (SAD) tai mot diém thudc d.
D. BM cat mat phang (SAD) tai Omot diém thudc d'.

» Cau 13.Cho hinh chép S.ABCD c6 day la hinh binh hanh. Goi I, |, E, F lan luot la trung diém
SA, SB, SC, SD. Trong cac duong thang sau, duong thang nao khong song song véi IJ
?

A. EF. B. DC. C. AD. D. AB.
» Cau 14.Cho t& dién ABCD. Lay diém M thudc canh BC sao cho MC=2MB. Goi N, P lan
lwot 1a trung diém cta BD va AD. Goi Q 1a giao diém ctia AC véi mat phang (MNP).
Ménh dé nao sau day dung?
AQC1 Qs e, pocs
QA 2 QA 2 QA QA 2
» Cau 15.Cho t dién ABCD. Goi I, ] lan luot la trong tam cac tam giac ABC, ABD. Ménh dé
nao sau day dung?
IJ//AB I]//AB Ij//cb Ij//cb

A. 1 . B. 2 . C. 1 . D. 2 .
IJ==AB IJ=<AB IJ==CD IJ=<CD
3 3 3 3
B. Cau héi - Tra loi Diing/sai
» Cau 16.Cho chop S.ABCDc6 day la hinh vuong tam O, M, N lan luot la trung diém cua SA,SB
Ménh dé bung | Sai

(a) | MN song song véi AB
(b) | MN song song véi CD
(c) | MO va SD cét nhau
(d) | NO va SC cit nhau
» Cau 17.Cho hinh chép S.ABCD day la hinh binh hanh tam O, I la trung di€ém cua SC . Xét cac
ménh dé:
| Ménh dé | Pang | Sai

» TOAN TU TAM - 0901.837.432



Chuong 01
QUAN HE SONG SONG

(a) | Puong thang IO song song vdi SA.

Mit phang (IBD) cat hinh chép S.ABCD theo thiét dién 1a mot ti
giac.

Giao diém ctia duong thang Al véi mat phang (SBD) la trong tam
cta tam giac (SBD) .

(b)

(0

(d) | Giao tuyén ctia hai mat phang (IBD) va (SAC) 1a IO.
» Cau 18.Cho hinh chép S.ABCD c6 day ABCD la hinh ch nhat. Goi I,] Tan luot la trung diém
cua cac canh AD,BC va G la trong tam cta tam giac SAB. Xac dinh giao tuyén cua hai
mit phang (SAB) va (IJG).
Ménh dé Dilng | Sai
Giao tuyén ctia hai mat phang (SAB) va (SCD) la dwong thang qua

(@)

S va song song voi AB
Giao tuyén ctia hai mgt phang (SAC ) va (SBD) la duong thang qua

(b)

S va song song voi AC
Giao tuyén ctia hai mgt phang (SAB) va (I]G) la duong thang qua

()

Gva song song voi CD.

(d) M trén SD sao cho SM =§SD. Giao tuyén cua (CGM) va (SBC) la

duong thang CB.
» Cau 19.Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tam O. Goi M, N lan luot la
trung diém ctia SA, SC. Xét tinh ding sai ctia cac khang dinh sau?

M¢énh dé Pung | Sai

(a) | MN cit mat phéng (SBD)

(b) | SB cat mit phing (MCD)
(c) | SD cat mat phang (MBC)
(d) | BN cat mat phang (SAD)
» Cau 20.Cho hinh chép S.ABCD c6 day ABCD la hinh thang c6 day lon AB va AB=2CD. Goi
O la giao diém cua AC va BD, [ la trung diém SA, G la trong tam ASBC va EeSD
sao cho 3SE =2SD. Xét tinh dting sai ctia cac khang dinh sau?
Ménh dé Dung | Sai
(a) | Duong thang SB cit mit phang (ICD)

(b) | Puong thang GO cit mit phang (SCD)

(c) | Puong thang SB cat mat phang (ACE)

(d) | Pudng thang BG cit mat phang ( ACE)

C. Ciu héi - Tra 1oi ngin
» Cau 21.Cho hinh chép S.ABCD, day ABCD la hinh thang, AB//CD. Goi I, | Tan luwgt 1a trung
diém ctia cac canh AD, BC va G la trong tam tam giac SAB (tham khao hinh vé). Mat
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phéng (GIJ) cit SA, SBlan luot tai M, N. Biét AB=kCD, tim k d& MNIJ 1a hinh binh

hanh.
S

= Dién dap so6:

» Cau 22.Cho t¥ dién ABCD c¢0 tat ca cac canh bﬁmg 1. Goi I,] Tan luot la trung diém cua AC,BC
. Goi K la mdt diém trén canh BD véi KB =2KD. Xac dinh thiét dién cua t¢ dién vdi
mgt phang (I]K ) . Tinh dién tich thiét dién (két qua lam tron dén hang thir nhat)

= Dién dap so:
» Cau 23.Cho hinh chép S.ABCD c6 déy la hinh vudng canh bang 2, tam O .Mt bén SAB la tam

giac déu. Ngoai ra SAD =90°.Goi Dx la duong thang song song véi SC . Goi giao diém

I ctia Dx v6i(SAB). Xac dinh thiét dién ctia hinh chép voi mét phing (ACI).Tinh dién

tich thiét dién (Két qua duwoc lam tron dén chir s6'thdp phin thit hai)

= Dién dap so:
» Cau 24.Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh, K la trung diém canh SB. Goi

E 1a diém trén SC sao cho g—g :%, goi H 1a giao diém cua KE va (SAD). Tinh ti sO

% (Lam tron két qua dén chir s6'thip phan thir hai)?

= Dién dap so:
» Cau 25.Cho t dién ABCD. Goi M, N, I lan luot la trung diém ctia cac canh CD, AC,BD. G la

trung diém NI . Gia st giao diém ctia GM va (ABD) la F. Tinh ti s6 %?

= Dién dap so:
» Cau 26.Cho t& dién ABCD. Cac diém P, Q lan lwot 1a trung di€ém ctia AB va CD; diém R nam
trén canh BC sao cho BR=2RC. Goi S la giao diém cua (PQR) va canh AD. Tinh ti s§

54
SD’

= Dién dap so:

Hét
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of LY thuyét

1. Vi tri tuong déi cUa dudng thdng va mat phdng trong khéng gian
oA
== Dinh nghia:

222V trf twong dBi ctia dudng thing va mit phing dugc xét theo s6 diém chung ctia
ching
d d va (a) khong c6 diém chung.

Khi d6 tanéi d song song véi (a) hay (o) song song
- » Kihiéu la d//(«) hay (a)//d.

d va (o) c6 mot diém chung duy nhét M.

d\
\” Khi d6 tandi d va (a) cit nhau tai diéfm M
o
N\

»Kihiéula dn(a)={M} hay dn(a)=M.

, d va (a) c6 tir hai di€m chung tro 1én.
A //o/'// Khi d6 ta néi d nam trong (a) hay (Oé) chtta d
o

» Kihiéula d c (a) hay (a):) d

2. Tinh chat

V- “Dinh Iy 1

» Néu duong thang d khong nam trong mat phang (a) va d song song voi duong
!

thang d' nam trong mat phang (a) thi d song song voi (a) /

dc:(a)

» Tom tdt dinh ly: {d//d = d//(a) A /d /
d'c(ac) «
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- Dinh Iy 2:
N » Cho duong thang a song song v6i mit phang (a) . Néu mat phang (,8 ) chtta a

va cit () theo giao tuyén b thi b song song véi a.
al/ ()
» Tom tit dinh Lij: {a = (3) = a//b

(@)n(8)=2

1
l@p‘ Hé qua:
» Hai mat phang cling song song véi mot duong thang thi giao tuyén ctia chiing néu
c6 ciing song song véi duong thang do. e

(F)nQ-2 _, .

» Tom tit:
o {(p)//d,(g)//ﬁ ; .

@

-“Dinh Iy 3:
"~ » Chohai duong thang chéo nhau, c6 duy nhat mot mat phang chita duwong thang

/
b =/
g i | w

" Cho a va b la hai duong thang chéo nhau.

nay va song song voi duwong thang con lai.

Céach dung mat (o) chita deong a va song song véi duong b:

u Lé,y M thU(f)C a. /

= Qua M ké duong thang b’ song song vdi b.

» Mit phang (a) chita a va b'. A%
83
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0éCdc dang bai tap
—

R~ Dang 1. Ching minh dudng thdng song song mat phéng

— . Phuong phip ),

0 D& chitng minh dwong thang d song song véi (a) , ta chttng minh
allb

01 |Dung bc(a)=a//(a)

1z (a)

» Xét mat phang (8) chta o .

02 |» Tim giao tuyén b=(a)n(8).
» Ching minh a//b= a//(a)

d Vidy1.1.

Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Goi M la trung diém cua
doan AD.

(1) Xac dinh mat phang chtta SD va song song véi BM .

(2) Xac dinh mit phang chita CD va song song véi SB.
= Loi giai

Cho t& dién ABCD.G la trong tdm ctia AABD. M la diém trén canh BC sao cho
MB =2MC . Chitng minh MG//(ACD).

= Loi gidi
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4 vidy13.
Cho t& dién ABCD . Goi M,N lan luot la trong tam cua cac tam giac ABC va BCD.
Chitng minh rdng MN//(ABD) va MN//( ACD).

Cho hai hinh binh hanh ABCD va ABEF khdng cling ndm trong 1 mat phang. Goi
O, O' lan lwgt 1a tam caia ABCD va ABEF . Chiing minh OO’ song song vdi cac mat
phang (ADF) va (BCE).

= Loi giai
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{vidy1s.
Cho hai hinh binh hanh ABCD va ABEF khong cung nam trong mot mat phéng. Goi
M,N Tlan lwot l1a hai diém trén cic canh AE,BD sao cho AM :%AE,BN =%BD.
Chiing minh MN song song voi (CDEF ) .

= Loi giai

[ vidy1s.
Cho tit dién ABCD c¢6 G la trong tdm tam giac ABD. Trén doan BC 13y diém M sao
cho MB =2MC. Chting minh rang duong thang MG song song véi (ACD).

......................................................................................

......................................................................................
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{ Vidy16.
" Cho hai hinh binh hanh ABCD va ABEF khéng ciing nam trong mot mit phang. Goi
O va O' Ian luot 1a tdm ctia hai hinh binh hanh ABCD va ABEF .
(1) Tim (BDF)(ACE)
(2) Chitng minh: OO'//( ADF) va OO'//(BCE).
(3)Goi M va N latrong tam AABD va AABF . Chung minh: MN//(DCFE).
= Loi gidi
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B~ Dang 2. Giao tuyén cua hai mat chia mét dudng song song véi mat

'—;é\Phwongphdp )
M=(a)n(8)
01 |Dungiac(a)bc(8)=(a)n(8)=Mx/la
allb
(P) //a
02 |Dungy(Q)//a  =b//a
(P)n(Q)=b

<A vidy 2.

Cho t& dién ABCD Goi M, N lan luot la trung diém AB, AC.Tim giao tuyén cua hai
mat phang (DBC) va (DMN )

= Loi giai

Cho hinh chép S.ABCD c6 ddy ABCD la t& giac 16i. Diém [ la giao diém cta hai
duong chéo AC va BD Xac dinh thiét dién caa hinh chép S.ABCD cit boi mit phéng
(P) di qua I va song song véi AB,SC.
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{ Vidy23.
Cho hinh chép S.ABCD c6 day 1a hinh thang, day 16n AD. Goi I 1a trung diém SB.
Goi (P) la mat phing qua I, song song véi SD, AC.

(1) Tim giao tuyén ctia mat phang (P) va (SBD).

(2) Tim giao tuyén ctia mit phang (P) va (ABCD).

= Loi giai

4 Vidy 2.4.
Cho t¢ dién ABCD . Goi I va | lan luot la trung diém cua AB va CD, M la mét diém
trén doan IJ . Goi (P) la mat phéng qua M, song song véi AB va CD.

(1) Tim giao tuyén ctia mat phang ( P) va mit phang (I CD) .
(2) X4c dinh thiét dién cua tr dién v6i mit phang (P). Thiét dién 1a hinh gi?

= Loi gidi
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R~ Dang 3. Thiét dién

— L Phuong phip ),
0 Cho hinh chép S.4,4,..4, va (a).

» Néu (o:) cit hinh chdp tai mot mat nao do hinh chop thi sé cit mat ph:fmg nay theo mot
doan thang goi la dogn giao tuyéh ctia () va mat do.
»  Cac doan giao tuyén ndi ti€p nhau tao thanh mot da giac phéng goi la thiét dién.
»  Nhu vdy mudn tim thiét dién ctia hinh ch6p véi (a), ta im cac giao tuyén (néu cd).
»  Da giac tao bdi cac gioa tuyén la thiét dién can tim.
#% St dung dinh ly:
Cho duong thang d song song véi (n») .
Néu (3)chira d va cdt («) theo giao tuyén d' thi d'//d

{ Vidy 3.1.
Cho tiz dién ABCD, diém M thudc AC . Mit phang (a) di qua M song song véi AB

va AD. Thiét dién cua () véi t dién ABCD la hinh gi?

= Loi giai

Viduy 3.2.
Cho tix dién ABCD . Gia st M thudc doan thzfmg BC . Mot mat ph:fmg (a) qua M song

song v6i AB va CD. Thiét dién ctia (o) va hinh tt dién ABCD 1a hinh gi?

= Loi giai

» TOAN TU TAM - 0901.837.432 Trang 44



Chuong 01
QUAN HE SONG SONG

d vidy33.
Cho hinh chép S.ABCD c6 day la hinh binh hanh tam O, M 1a trung diém caa OC.
Goi (04) la mat phang di qua M va song song véi SA,BD. Tim thiét dién cta hinh

chép vdi (a).

= Loi giai

Cho hinh chép S.ABCD c6 ddy la hinh thoi. Goi E, F Tan luot 1a trung diém cuia SA,SB
.biém M bat ki thudc canh BC . Tim thiét dién cta hinh chop véi ( MEF )

= Loi giai
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(c il
Luyén tap

A. Céu héi— Trd 1oi trdc nghiém
» Cau 1. Trong khdng gian, cho duong thang a va mit phang (P) . C6 bao nhiéu vi tri twong d6i

gitta duong thang a va mat phang (P) .

A. 1. B. 2. C. 3. D. 4.
» Cau 2. Cho t dién ABCD. Vi tri twong d6i gitta duong thang BC va mat phang (BCD) la.
4
B D
c
A. BC//(BCD). B. BCc(BCD).  C. BCN(BCD)=A. D. BCN(BCD)=D.

» Cau 3. Cho hinh chép S.ABC. Vi tri twong d6i gitta dwong thang SB va mat phang (ABC ) la.
S

C
A. SB//(ABC). B. SB<(ABC). C. SBN(ABC)=A. D. SBn(ABC)=B.

» Cau 4. Cho hinh chép S.ABCDcé day ABCD la hinh binh hanh. Vi tri teong doi gitta duong
thang AB va mit phang (SCD) la.

5 @
A. ABN(SCD)=B. B. ABN(SCD)=S. C. AB<(SCD).  D. AB//(SCD).
» Cau 5. Cho hai duong thang a4 va b chéo nhau. C6 bao nhiéu mét phang chta a va song song
vOi b?
A. 0. B. 1. C. 2. D. V6 s6.
» Cau 6. Cho duong thang 4 nam trong mat phang (a) .Giast bz (a) . Ménh dé nao sau day la
dung?
A.Néu b//(c) thi b//a
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B. Néu b cat (o) thi b cat a.
C.Néu b cat (a) va (ﬁ) chita b thi giao tuyén cua (a) va (5) la dwong thang cat ca a
vab.
D.Néu b//a thi b//(c).
» Cau 7. Cho t¢ dién ABCD. Cho cac ménh dé sau:
(1) AD<=(ABC)
(2) ADN(ABC)=C.
(3) AB<=(ABC).
(4) AC//(ABD).
Trong cac ménh dé da cho, c6 bao nhiéu ménh dé ding?
A. 1. B. 2. C. 3. D. 4.

» Cau 8. Cho tir dién ABCD, goi G la trong tam tam gidc ACD, M thuoc doan BC sao cho
CM =2MB. Chon ménh dé dang trong cdc ménh dé sau.

A. MG//(ABC). B. MG//(ABD).  C. MG//CD. D. MG//BD.

» Cau 9. Cho tam gidc A'B'C’, dung cac duong thang d,//d,//d, sao cho chung khong thudc mat
phang (A'B'C’) va lan luot di qua cac diém A, B',C’". Trén cac duong d,,d,,d, Tan luot
1ay cac diém A, B,C sao cho AB//A'B',BC//B'C'. Goi M, N lan luot 1a trung diém ctia
AA’, BC'. Khi d6 dudong thang AB' song song véi mit phang nao sau day?

A. (BMN). B. (C'MN). C. (ACN). D. (A'BN).

» Cau 10.Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Goi M, N, H Ian luot 1a
trung diém cac doan théng AB, CD, SD. Goi I, | Tan luot la trung diém cac doan
thang CN va SH . Trong cac khang dinh sau, cé bao nhiéu khang dinh dting?

(i) MN //(SBC) (ii) AD//(SBC) (iii) HN // (SBC) (iv) I]//(HMN)
A. 1. B. 3. C. 4. D. 2.

» Cau 11.Cho hinh chép S.ABCD, day ABCD la hinh binh hanh ¢ O la giao diém hai duong
chéo. Goi M la trung diém ctia SC . DPuong thang OM song song véi nhitng mat phang
nao sau day?

A. (SAD) va (SBC). B. (SAD) va (SBA).
C. (SBA) va (SCD). D. (SAC) va (ABCD).
» Cau 12.Cho hinh chép S.ABCD, day ABCD la hinh binh hanh tam O va M, N, E lan lugt la
trung diém ctia cac doan théng AB,CD,SA. Khéng dinh nao sau day la sai?
A. MN song song véi hai mit phang (SBC ) va (SAD).
B. SB va SC song song voi (MNE)
C. ME song song v6i hai mit phing (SAB) va (SBC).
D. EO song song véi hai mat phang (SBC) va (SCD).
» Cau 13.Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi G la trong tam tam giac

SAB, I la trung diém cua AB va M 1a diém trén canh AD sao cho AM =%AD. MG

song song voi mat phang nao sau day?
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A. (SBC). B. (SAD). C. (SBD). D. (SCD).

» Cau 14.Cho t& dién ABCD, lay diém M la mot diém thudc mién trong cua tam giac BCD . Goi
(a) la mat phang qua M va song song véi AC va BD . Hinh tao béi cac giao tuyén ctia
(a) vOi cdc mat cua tx dién ABCD la hinh gi?
A. Hinh binh hanh.  B. Hinh thang. C. Hinh vudng. D. Hinh thoi.

» Cau 15.Cho t dién ABCD. Trén canh AD 14y trung diém M, trén doan thang BC 13y diém N
. Goi (a) la mit phang chita duong thang MN va song song véi CD va goi (H ) la hinh
tao boi cac giao tuyén cua (a) vdi cadc mat ctia tt dién. Xac dinh vi tri ciia diém N trén

doan BC sao cho (H ) la mo6t hinh binh hanh.

A. BN=%BC. B. BN =2BC C. BN:gBC D. 3BN =2BC
B. Cau hoi - Tra loi Diing/sai
» Cau 16.Cho duong thang a va mit phang (a) .
Ménh dé Dilng | Sai

(a) | Néu am(a)=@ thi a//(a)

(b) | N&u a//b va b//(c) thi a//(a)

(c) | Néu a va (a) 6 2 diém chung thi ac(a).

(d) | Néu a//b va b(a) thi a//(a).
» Cau 17.Cho hinh chép S.ABCDc6 day ABCD 1a hinh binh hanh. Cac diém M, N, P ITan luot la

cac trung diém ctia cac doan SA, AB,CD nhu hinh vé.

M¢énh dé Pung | Sai

(a) | SB//(MNP)

(b) | AD //(MNP)

(c) | Giao tuyén ctia (SAD) va (MNP) la duong thing song song v6i AD

Giao tuyén cua (SAB) va (MNP) la dudng thang song song vi
MN.

» Cau 18.Cho hai hinh binh hanh ABCD va ABEF khéng dong phang c6 tdm lan luot 1a T va J.
Ménh dé Pung | Sai

(d)

(a) | I]//(ADF)
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(b) | 1]//(CEB)

(o) | I//(CEA)

(d) | I]// (CDFE)

» Cau 19.Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh binh hanh tdam O.Goi M, N lan lwot 1a
trung diém ctia SA, SB.
M¢énh dé Pung | Sai

(a) | MN song song véi mat phang (SAB)

(b) | MO song song véi mit phang (SBC )

(¢) | NO song song véi mit phang (SBD)

(d) | CD song song véi mit phing (MNO)
» Cau 20.Cho hinh chép S.ABCD c6 day ABCD la hinh thang vudng tai A va D, AB=2CD.
Trén cac canh SA,SB,SD lay cac diém M, N, P sao cho Vi = SN = sp = 3
SA SB SD 3
M¢énh dé Pung | Sai

(@) Giao tuyén ctia hai mgt phang (SAD) va (SMP) la duong thang di
a

qua S vasong song voi AD.

(b) Giao tuyén ctia hai mt phang (SCD) va (SMN ) la duong thang di

qua S vasong song véi AB.

Giao tuyén ctia hai mit phang (CPM ) va (ABCD) la duong thang

CI véi I 1a trung di€ém ctia AB.

()

Giao tuyén ctia hai mat phéng (CMN ) va (PAB) la duong théng di

qua Q vasong song voi MN véi Q=PANMD.

C. Cdu héi - Tra Loi ngin

» Cau 21.Cho t& dién ABCD. Goi M, N TIan luot la trung diém cua AB va AD va P la diém trén
canh AC sao cho PA=2PC. Trong ba dudong thang MN,NP,PM c6 bao nhiéu duong
thang song song véi mat phang (BCD) ?

(d)

= Dién dap so:
» Cau 22.Cho t& dién ABCD. Goi M, N TIan luot la trong tdm cac tam gidc ABC va ABD . Duong
thang MN song song v&i bao nhiéu mit phang trong bén mit cta tt dién?

= Dién dap so:

» Cau 23.Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh binh hanh. Goi M, N,Q lan luot la trung
diém cac canh AB,CD,SA . Cé tat ca bao nhiéu canh ctia hinh chép song song véi mat
phang (MNQ)

= Dién dap so:
» Cau 24.Cho t dién ABCD. Goi G,,G, lan luot 1a trong tdm tam giac BCD va ACD . Khi d6

doan thing G,G, song song v6i bao nhiéu mit ctia t dién ABCD.

= Dién dap so:
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» Cau 25.Cho t& dién ABCD va diém M la trung diém AB. Goi (a) la mit phiang qua M, song
song vdi hai duong th:fmg BC va AD.Goi N, P,Q lan luwgt 1a giao diém cua mat phéng
(a) véi cac canh AC,CD va DB. Biét khi AD=kBC thi MNPQ 1a hinh thoi. Hay xac

dinh gié trj cua k,(keR,k>0).

= Dién dap so6:
» Cau 26.Cho hinh chép t gidc déu S.ABCD c6 canh ddy bang 10. M 1a diém trén SA sao cho

SM _ Z Mot mit phang (a) di qua M song song véi AB va CD, cét hinh chép theo

SA
mot t gidc. Hay xdc dinh dién tich cta t& giac d6 (lam tron téi hang phan tram).

= Dién dap so:

Hét
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of LY thuyét
—

1. Binh nghia
i: Dinh nghia:

__,3:,;_,5>> Hai mit phang ( ) (Q) duoc goi la song song v6i nhau néu

chung khong c6 diém chung.
Ky hiéu: (P)//(Q) hodic (Q)//(P).

& Nhan xét:

//-?l-

Néu hai mdt phing ( ) 7 (Q) song song v6i nhau thi bat ky dwong

NN

/
/
/
/

thang nao nam trong mdt phing nay ciing song song v6i mit phing kia

2. Tinh chat

V- Dinh Iy 1:
g o ’ 2 o \ < J \ \
» Néu mdt phang (P) chtta hai dwong thang cat nhau a,bva a,b cung song song

véi mat phang (Q) thi (P ) song song voi (Q) .

()= () A=/
anmb

» Tém tit dinh bj: | o (Qz){M} = (P)//(Q) A /

b//(Q)
“Dinh 1y 2:
3 » Qua mot diém nam ngoai mot mat phang cho truedc c6 mot va chi mot mat phang
song song v4i mit phang da cho. ]

s /

% Tir dinh 1y 2, ta c6 cdc hé quad sau:

» Néu duong thang d song song voi mit phing (Q) thi /}4 —d /
qua d c6 duy nhat mot mat phang song song véi (Q) . A /
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H ha han b /é /
» Hai mdt phan an biét cung song song voi mat
02 phéng.thrl)'r ba %h}f song s;)ng V(%i r?hagu.o B A /
A /
» Cho diém A khoéng nam trén mit phang (P) . Moi /< /
03 duong thang di qua A va song song voi (P) thi déu =
nam trong mit phang qua A song song véi (P) la (Q) . /cé %/

V) "Dinh Iy 3:
“ Néu mot mit phang thit 3 cat mot trong hai mgt phang song song thi s& cat mat
phang con lai va hai giao tuyén ctia chiing song song véi nhau
)] 4
» Tom tit dinh Lj: (a)n(Q)=d, ;= d,//d,
(P)/(Q)

#% Tir dinh 1y 3, ta c6 hé qua sau:

Hai mat phang song song chan trén hai cat tuyén song song nhitng doan thang bang nhau.
dy

d1 \

3. Dinh Iy thales trong hinh hoc khong gian

-“Pinh Iy
g . v < A A g A . 7 A A, \ ~
» Ba mat phang doi mot song song chan trén hai cat tuyén bat ki nhitng doan
thang twong tng ti 1&. % %

AIBI _ Blcl _ ClAl
AQB2 BZC.'E C2A2
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4. Hinh lang trv va hinh hop:

L

| M= ANy

»

»

-=."Dinh nghia:

Cho (P) // (Q).
Trén (P) cho da giac A A,...A, .

Quacacdinh A, A,,.., A, taveé cac duong thang song

r

song véi nhau va cit (Q) Ian lwot tai Al’, AZ', A

Hinh lang tru gom

» Haidagidc A/A,...A ,A'A A’

» Cachinhbinhhanh A A'AA,, A,AA/A,, ...
Hinh lang tru c6

Mit day: A A,..A,, A'A A

Caccanhbén: AA', AA), ., AA'

hn H

A,

Ay

As

Matbén: AA'ASA,, AJA/AA,, .., A A AA
Céc dinh: 1a cac dinh caa day.

5. Hinh chép cut:

L

»

» TOAN TU TAM - 0901.837.432

-=."Dinh nghia:
=7 Cat hinh chép bsi mit phang song song véi ddy va

khong di qua dinh ta dwoc hinh chép cut.
Trén (P) cho da giac A A,...A, .
Tinh chat:

* Hai ddy la hai da gidc c6 cac canh twong ting song

song , cac ty sO cac cdp canh teong tng bang nhau.

* Cé4c mat bén la nhitng hinh thang.

mot diém.
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0?Cdc dang bai tap
d

R~ Dang 1. Ching minh hai mat song song

— f:'ie Phuong phdip )
0 Ta c6 thé dung mot trong cac cach sau:

phang con lai

Trén m4t phang nay c6 hai duong thang cat nhau va ciing song song véi méat

01 ac(o:),bc(ﬁ),amb;t@
{a//(ﬁ),b//(a) ={a)il(5)
Hai mat phang cting song song véi mat phang thit 3.
02 ()=(8) .
ooty ™1

g A vidya

= Loi giai

Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh tam O, goi M, N lan luot la
trung diém cta SA,SD . Ching minh (OMN))//(SBC).

Cho hinh chép S.ABCD c6 ddy la hinh thang ABCD, AD//BC,AD =2BC. Goi E,F,I

lan lwot la trung di€ém cua SA, AD,SD . Chiing minh (EPB) // (SCD), tr d6 suy ra

CI//(EFB).
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4 vidy1s,
Cho hai hinh vuéng ABCD va ABEF & trong hai mat phang phan biét. Trén cdc duong
chéo AC va BF lan luot 1dy cac diém M, N sao cho AM = BN . Cac dudng thang song
song voi AB vé tt M, N lan luot cit AD va AF tai M'va N'. Chtng minh:
(1) (ADF)//(BCE). (2) (DEF)//(MM'N'N)

= Loi giai
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A vidu1r4.
" Cho hinh hop ABCD.A'B'C'D'. Goi E la diém thudc doan AC’, F la mét diém trén

doan B'D', G la mdét diém thudc doan CD' sao cho AE=%AC',D'F =%D'B,

CG= ;CD' . Goi I,] lan luot la trung diém ctia cac canh CD va A'D'.
Chiing minh rédng (EFG)//(Al]).

= Loi gidi
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R~ Dang 2. Tim giao tuyén cla 2 mat, cé 1 mdt song song véi madt khdc

— ;.‘é Phuwong phap )
O Ta c6 thé dung mot trong cac cach sau:
el
01 ()//(8) = (a)(v)=Mx; Mx//b
(B)n(r)="

Pua vé dang thiét dién song song véi dueong thiang {

Nhu vay thay vi tim thiét dién song song véi mit phang (3

N —
—+

hi ta tim thiét dién

fe-dape h 5
laFataVa 4 C‘f\ﬂ{'\" "7” Vals Val bk YahaV¥a “" a%haV¥ad halakaal "1"{'\?\{'\"

oOTt5oYTt S cocTararoT st S T trorTT

A vidy 2.
Cho hinh chép S.ABCD cé day ABCD la hinh binh hanh tim H . M4t phang (P) di

qua H va song song voi (SAB) . Tim giao tuyén cua

(1) Mét phang (P) va (ABCD). (2) Mat phang (P) va (SBC).

......................................................................................
......................................................................................
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[ vidy22
Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M la diém bat ki trén
canh AB, (ac) la mat phang di qua M va song song véi (SBC). Tim giao tuyén cua

(a) v6i cac mat ctaa hinh choép.

£ Vidy 2.3.

Cho hinh hép chit nhat ABCD.A'B'C'D'. Goi M, N, P lan lwot la trung diém cua cac
canh AB, AD, A'D'.Xéc dinh giao tuyén ctia (MNP) va (A'B'C'D'), (AA'B'B).

......................................................................................
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R~ Dang 3. Dinh Iy Thales trong khéng gian

r—;,é Phwong phap )
O Ta c6 thé dung mot trong cac cach sau:

(2)/1(5)

dn(a)=A, dn(B8)=B

d'n(a)=A", d'n(3)=B'

d//d'

(a)/1(8)11(7)

02 dn(a)=A,dn(8)=B, dn(y)=C =

dn(a)=A", dn(3)=B,dn(y)=C

= AB=A'B'

01

AB _AC _ BC
A'B A'C' BC'

Vidy 2.1.
" Cho .h‘mh chép S.ABCcéd SA=12, SB=15, SC=17. Trén canh SA 1dy cac diéfm M,N
sao cho SM =3, MN =5,NA =4. Goi (P),(Q) 1a hai mat phang song song véi (ABC)
lan luot di qua M,N . (P) cat SB,SC tai M,,M, va (Q) cat SB,SC tai N,N, . Tinh do
dai cdc doan thang M,N,va M,N,.

= Loi giai
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Vidy 2.2.
Cho hinh hop ABCD.A'B'C'D’ ¢6 tat ca cac mat déu 1a hinh vudng canh a. Cac diém
M, N Ian luot trén AD’,BD sao cho AM=DN =x (O <x< a\/i).

(1) Chting minh khi x bién thién, duong thang MN ludn song song véi mot méat
phang c6 dinh.

(2) Chting minh khi x = “32 thi MN//A'C.

Vidy 2.3.
Cho tit dién ABCD, M la mét diém luu dong trén canh AB; N la diém luvu ddng trén
canh CD. Chting to rﬁmg trung di€ém I ctia doan MN thudc mot mat phéng co dinh.

......................................................................................

......................................................................................
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£ Vidy 2.4,

Cho hai hinh binh hanh ABCD va ABEF nam trén hai mit phang khac nhau. Trén cac
duong chéo AC, BF lay cac diém M, N sao cho MC=2AM, NF=2BN.Qua M, N
lan lugt ké cac duong théng song song voi canh AB, cit canh AD, AF theo tht tu tai
M,, N,. Chttng minh rang

(1) MN//DE. (2) MN, / /(DEF). (3) (MNM,N,)//(DEF).

A vidy 25.
Cho hinh lang tru ABC.A'B'C'. Goi I,],K Tan luot la trong tam cac tam giac ABC,
ACC', A'B'C’'. Ching minh réng (IJK)(BCC'B') va (A'JK)//(AIB').

= Loi giai
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(c il
Luyén tap

A &
A. Céu héi— Trd 1oi trdc nghiém
» Cau 1. Hai mat phang dugc goi 1a song song véi nhau néu

A. chung khong c6 di€ém chung. B. chting c6 mot dwong thang chung.

C. chiing c¢6 dang moét diém chung. D. chuing c6 it nhat mot diém chung.
» Cau 2. Ménh dé nao sau day la dung?

A. Hinh hop la hinh t¢ dién. B. Hinh t& dién la hinh hop.

C. Hinh lap phuong 1a hinh hop. D. Hinh hop la hinh lap phuong.

» Cau 3. Ménh dé nao sau day la sai?
A. Qua mot diém bat ky cé mot va chi mot mat phang song song v6i mot mit phang cho
truedce.
B. Hai mat phang dwoc goi la song song véi nhau néu chting khong c6 diém chung.
C. Ba mat phéng phan biét d6i mot song song vdi nhau chin trén hai cat tuyén bat ky
nhiing doan thang twong tng ti 1é.
D. Hai mat phang song song cat mat phang thit ba theo hai giao tuyén song song véi
nhau.

» Cau 4. Cho mét phang (P) chtta hai duong thang a,b va mit phang (Q) chtta duong thang c.
Ménh dé nao sau day la dang?
A.Néu a//c thi (P)//(Q).
B.Néu b//c thi (P)//(Q).
C.Néu a//(Q) va b//(Q) thi (P)//(Q).
D.Néu a,b catnhau, a//(Q) va b//(Q) thi (P)//(Q).

» Cau 5. Cho hinh hép ABCD.A'B'C'D’'. Ménh dé nao sau day la sai?

4 ' B
Iy &
7 S :
D C
A. (ABCD)//(A'BCD). B. (ABB'A’)//(DCC'D').
C. (ACC'A')//(ABD). D. (A'B'C’)//(ABD).

» Cau 6. Cho hinh chép S.ABCD c6 day la hinh binh hanh tam O. Goi M, N lan luot la trung
diém canh SA, SD.
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B C
Mit phang (OMN ) song song v6i mit phang nao sau day?
A. (SAD). B. (SAC). C. (SBD). D. (SBC).

» Cau 7. Cho hinh chép S.ABCD cé déy la hinh binh hanh tdm O.Goi M, N, E lan luot la
trung diém canh SC, SB, CD. Khang dinh nao ding?
A. (OMN)//(SBD).  B.(OME)//(SBD). C. (SCD)//(SAB). D.(OMN)// (SAD).
» Cau 8. Cho hai hinh binh hanh ABCD va ABEF.Goi O, M, N, P, Q lan lwot 1a trung diém
canh FD, FA, FC, EB, FB.

Khang dinh nao sai?
A. (OMN)// (ABC). B. (OMN) // (ACD).
C. (DMN) // (ACP). D. (DMN) // (ACQ).

» Cau 9. Cho hinh hop chi*t nhat ABCD.EFGH. Goi M, N, O lan luwgt la trung diém canh GH,
GF, BD . Mit phing (AFH) song song vdi mit phang nao sau day?
A. (OMN). B. (GBD). C. (AMN). D. (BCD).

» Cau 10.Cho hinh hop cht nhat ABCD.EFGH . Goi O, M, N Tan lwot la tdm cua cac hinh ABCD
, CGHD, EFGH.

Khang dinh nao sai?
A. (OMN) // (BEC). B. (OMN) // (CGF).
C. (OMN) // (ABE). D. (OMN)// (AEH).

» Cau 11.Cho hinh hop ABCD.A'B'C'D', AC cat BD tai O va A'C' cat B'D' tai O'. Khi d6
(AB’D’) s& song song mat phang nao sau day?
A. (A'OC). B. (BDA'). C. (BDC'). D. (BDC).

» Cau 12.Cho hinh ch6ép S.ABCD c6 day hinh thang (AB||CD) va AB=2CD. Goi I,] lan luot la
trung diém ctia SB va AB.Mit phang nao song song v6i mit phang (SAD)?
A. (BCI). B. (BI]). C. (C1j). D. (SJC).

» Cau 13.Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh tam O. Goi M, N Ian luot 1a
trung diém SA,SD. Mit phang (OMN ) song song v6i mat phang nao sau day?
A. (ABCD). B. (SBC). C. (SAB). D. (SCD).
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» Cau 14.Cho hinh t& dién ABCD. Goi I,],K lan luot la trong tdm ctia cac tam giac ABD, ACD,

QUAN HE SONG SONG

ABC va M, N, P lan luot la trung diém cta cac canh BD,CD, BC. Kh:fmg dinh nao sau
day la dung?

A. (DJK)//(ABC).

B. (I/K)//(BCD).

C. (KMN)//(ABC). D. (IJK)//(AMD).

» Cau 15.Cho hinh lang tru ABC.A'B'C’, goi I,],K lan lugt la trong tam AABC,AACC' va
AAB'C'. Mit phang nao sau day song song véi (IJK)?

Dung

Sai

A. (BC'A). B. (ABA'). C. (BBC). D. (CC'A).
B. Cdu hoi - Tra loi Ding/sai
» Cau 16.
Ménh dé
Cho (a) va ( B) 1a hai mat phang song song. Néu mot mat phang cat
(a) ;
(a) thi né cling cat (B)
(b) Hai mgt phang phan biét chita hai dwong thang song song cat nhau
theo giao tuyén song song véi hai duong thang dé.
© Mot mat phang cat hai mat phang song song cho truede theo hai giao
tuyén thi hai giao tuyén song song véi nhau.
@ Né&u ba mit phang phan biét d6i mot cat nhau theo ba giao tuyén thi

ba giao tuyén d6 phai dong quy

» Cau 17.Cho hinh lang tru ABCD. A'B'C'D’ ¢6 hai ddy la cac hinh binh hanh. Cac diém M, N, P
lan luot la trung diém cta canh AD, BC, CC' (hinh vé).

A B
D} ¢
s e
AL-.'._.,,‘:::::_.‘.-_- --JB
M e X
D . C
Ménh dé Pung | Sai
(a) | A'B//(MNP).
(b) | (MNP)//(BC'D').
(©) | (MNP)//(BCD').
(d) | DD’ cit (MNP).
» Cau 18.Cho lang tru tam gidc ABC.A'B'C’ ¢6 I,K,G lan luot la trong tam cac tam giac
ABC,A'B'C', ACC'".
Ménh dé Dung | Sai
(a) | BB//(ACC'A')
(b) | (ABC)//(A'BC)
(o) | IG cat (BCC'B')
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@ | (IKG)//(BCCB) | |
» Cau 19.Cho hinh chép SABC ¢6 SA=9;5B=12;SC =15. Trén canh SA 14y cac diéfm M, N sao
cho SM = 4; MN =3; NA = 2. V& hai mit phang song song véi mgt phang (ABC ) lan luot
di qua M,N, cit SB theo thi tu tai M’; N’ va cit SC theo thi tu tai M"; N".

Ménh dé bung | Sai
(@) | SM'=4
(b) | M'N'=4
(c) | MN'+M'N"=9
@ | Nc=2
3
» Cau 20.Cho hinh hop ABCD.A'B'C'D'. Goi G,,G, la trong tam cua cac tam giac A'BD; B'D'C.
Khidé:
Ménh dé Diling | Sai

(a) | A’AD'CB la hinh binh hanh
(b) | (A'BD)//(BD'C)
(0) | G,,G, cung thuoc AC’

) | GG, = %AC’

C. Cdau héi - Tra Loi ngin
» Cau 21.C6 bao nhiéu khang dinh ding trong cdc khang dinh dudi day:
(1) Né&u hai mit phang cting song song véi mot mat phang khéc thi chiing song song
voi nhau.
(2) Né&u ba mit phang phan biét d6i mot cat nhau theo ba giao tuyén thi ba giao tuyén
dé dong quy
(3) N@&u duong thang a song song véi mit phang (P) thi 2 song song véi mot duong
thang nao &6 nam trong (P) .
(4) Cho hai duong thang a, b nam trong mat phang (P) va hai duong thang a', b’
nam trong mat phéng (Q) Khi d6, néu a//a’; b// b’ thi (P)//(Q).
(5) Hai mat phang khdng cat nhau thi song song.

= Dién dap so:
» Cau 22.Cho hinh hop ABCD.A'B'C'D’. C6 bao nhiéu két luan dian

A B
D’, ! C‘ﬁ'
Ap B
D C

(1) AC//BD'
(2) (BB'D')//(ACC')
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(3) (AA'D)//(BCC')
(4) AD'cat (A'BC')
(5) (DD'C)//( AA'B)
(6) (ABCD)//(A'D'C'B)

= Dién dap so:
» Cau 23.Cho hinh chép S.ABCD c6 day la hinh binh hanh tam O, AB=8. Hai canh bén
SA=SB=6. Goi (a) 1a mat phang qua O va song song véi (SAB). Thiét dién cta hinh

chép cat béi mit phang (a) c6 dién tich bang a+/5 . Khi d6 a bang bao nhiéu.

= Dién dap so6:
» Cau 24.Cho hinh chép S.ABCD c6é day ABCD la hinh vuong tam O, canh bang 2. Tam giac SBD
déu. Mot mat phang (a) song song voi (SBD) va qua trung diém I cta doan thang AO.

Goi S l1a dién tich thiét dién tao boi mit phang (a) va hinh chép. Tinh S%.

= Dién dap so6:

» Cau 25.Cho hinh chép S.ABCD c6 day ABCD la hinh thang can, canh bén BC = J5, hai day
AB=11,CD =7. Mit phang (a) song song voi (ABCD) va cat canh SO tai I sao cho
250 =58I . Tinh dién tich thiét dién tao bdi mat phéng (a) va hinh chop.

= DPién dap so:
» Cau 26.Cho t dién ABCD c6 tat ca cac canh déu bang 1 va G 1a trong tam ctia tam gidc ABC.
Cat t& dién boi mat phang (P) qua G va song song véi mit phang (BCD) . Tinh dién

tich thiét dién thu duogc (lam tron két qua dén hang phan tram).

= Dién dap so:

Hét
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Chuwong 04
PHEP CHIEU SONG SONG

of LY thuyét

1. Phép chiéu song song.
ﬁ 1

-="Dinh nghia:
2.7 Cho m4t phang (a) va mot duwong thang [ cat (P) .

»  Véi mdi di€ém M trong khong gian, vé duwong thang qua M va song song hoic
trung voi [.

» Phép cho tuong ting mdi diém M trong khong gian véi diém M’ trong (P) duoc
goi 1a phép chiéu song song 1én mat phang (P) theo phwong .

S y Phuong chiéu
# Trong d6: Trén mat phing (P) theo phuong : Mo\ o

v biém M’ duoc goi la hinh chiéu song song ctia diém M.

v Mat phéng (P) dwoc goi la mat phfing chiéu. /5 \M ! \\ /
AN

v | goi la phwong chiéu

Mt phing chiéu

2. Tinh chat cua phép chiéu song song.

e? Tinh chét:

2“7 Phép chiéu song song bién ba diém thang hang thanh ba diém thang hang va
khong lam thay doi thi tw ctia ba diém do.

» Phép chiéu song song bién duong thang thanh duwong thang, bién tia thanh tia,
bién doan thang thanh doan thang.

» Phép chiéu song song bién hai drong thing song song thanh dwong thang song
song hdc trung nhau.

» Phép chiéu song song khong lam thay ddi ti s8 d6 dai ctia hai doan thang nam
trén hai duong thang song song hodc cling nam trén mot duong thang.

3. Hinh biéu di&n coa mét sé hinh khéng gian trén mat phang.

i

=" Dinh nghia:

2" Hinh biéu dién ctia mo6t hinh H trong khong gian 1a hinh chiéu song song caa H
trén mot mat phang theo mot phuwong chiéu nao d6 hodc hinh d6ng dang véi hinh
chiéu do.
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Dua theo tinh chat ctia phép chiéu song song, ta tuan theo cac quy tic khi vé hinh:

» Néu trén H c6 hai doan thang nam trén hai duong thang song song (hoic
tring nhau) thi ching dwoc bidu dién bang hai doan thang nam trén hai
duong thang song song (hodc trng nhau).

—— Tisd'dj dai cia hai doan thang nay phai bang ti s6'd dai cta hai doan
thang tuong tng trén H.

» Né&u hinh phang nam trong mit phing khong song song véi phwong chiéu

thi:

Hinh biéu dién ctia mot duong tron thwong 1a mot elip.

Hinh biéu dién ctia mot tam gidc (vudng, can, déu) 1la mot tam gidc.

Hinh biéu dién ctia hinh vudng, hinh chir nhit, hinh thoi, hinh binh hanh la hinh
binh hanh.
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0éCdc dang bai tap
—

R~ Dang 1. Xdc dinh dnh qua phép chiéu song song

— % Phuong phap )

song (hodc trung nhau).

twong tng trén H.

hanh

Hinh biéu dién ctia mot duong tron thueong 1a mot elip.

Dua theo tinh chat cia phép chiéu song song, ta tuan theo cac quy tac khi vé hinh:

» Néutrén H c6 hai doan thang nam trén hai duong thang song song (hodc triing

* Néu hinh phang nam trong mat phang khéng song song véi phuong chiéu thi:

Hinh biéu dién ctia mot tam gidc (vudng, can, déu) la mot tam gidc.
Hinh biéu dién ctia hinh vudng, hinh chir nhadt, hinh thoi, hinh binh hanh la hinh binh

nhau) thi chting dwoc biéu dién bang hai doan thang nam trén hai duong thang song

—— Tisd'dj dai cha hai doan thang nay phai bang ti s6'd9 dai ctia hai doan thang

4 vidy1a.

diém A trén mat phang (CDHG) theo phwong BC va 4

theo phuong BG.
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Vidu1.2.
Cho lang tru ABC.A'B'C'. Goi M 1a trung diém cua AC. Tim hinh chiéu song song
cua diém C'M lén (AA'B’) theo phuong chiéu CB?

= Loi giai
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R~ Dang 2. Xdc dinh hinh biéu dién qua phép chiéu song song

— ;."é Phwong phap )

Cho

hinh H trong khong gian.
Ta goi tap hop P’ cdcanh M’ cuta tat ca nhitng diém M thudc H qua phép chiéu
song song theo phwong ! 1a hinh chiéu song song ctia H 1én mét phing (P).
Dé tim hinh chiéu ctia mot dwong thang ta tim hinh chiéu ctia 2 diém phan biét trén
duong thang, hinh chiéu la duong thang di qua hai diém vita im dwoc.

Dé tim hinh chiéu ctia mot da gidc ta tim hinh chiéu cta cac dinh.

“ 4 vidy 21.

Cho hinh chép S.ABC. I 1a trung diém AB.

(1) Goi M, N, E Ian luot 1a trung di€ém ctia SA,SB,SC. Tim anh cia AMNE trong
phép chiéu song song trén (ABC ) theo phuong SC .

(2) Tim anh ctia tam gidc MNE trong phép chiéu song song trén (ABC ) theo
phuong trung tuyén SI ctia ASAB.
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{ Vidy 2.2
Cho hinh h¢p cht nhat ABCD.A'B'C'D". Goi O=ACNBD va O'=A'C'nB'D". Diém
M, N lan luot la trung di€ém ctia AB va CD. Qua phép chiéu song song theo phuong
AO'’ 1én mit phang (ABCD). X4c dinh hinh chiéu cta tam gide C'MN .

= Loi giai
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“f vidy3a.
Cho hinh hop ABCD.A'B'C'D'. Goi M, N lan luot la trung diém cua CD va CC'.
Goi A la duong thing di qua M dong thoi cit AN va A'B. Goi I,] lan luot 12 giao

diém cua A véi AN va A'B. Hay tinh ti s6 %

Cho hinh hop ABCD.A'B'C'D'. Xac dinh cac diéfm M,N twong tng trén cac doan
AC',B'D' sao cho MN song song voi BA' va tinh ti s6 ;\A/I—g

= Loi giai
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(c il
Luyén tap

A &

A. Céu héi— Trd 1oi trdc nghiém

» Cau 1. Cho hinh hop ABCD.A'B'C'D'. Hinh chiéu ctia tam giac A'B'C’ theo phuwong B'B 1én mat
phang ABC la hinh nao?
A. ADC. B. ADB. C. BCD. D. ABC.

» Cau 2. Khang dinh nao sau day ding?
A. Hinh chiéu song song ctia mot hinh chdp cut c6 thé la mot hinh tam giac.
B. Hinh chiéu song song ctia mot hinh chdp cut c6 thé 1a mot doan thang.
C. Hinh chiéu song song ctia mot hinh choép cut c6 thé la mot hinh chép cut.
D. Hinh chi€u song song ctia mot hinh chép cut ¢ thé la mot diém.

» Cau 3. Qua phép chiéu song song, tinh chat nao khong dwoc bao toan?
A. Chéo nhau. B. Dong quy. C. Thang hang,. D. Song song.

» Cau 4. Trong cac ménh dé sau, ménh dé nao dung?
A. Hinh chiéu song song ctia hai duong thang chéo nhau c6 thé song song véi nhau.
B. Hinh chiéu song song ctia hai duong thang cat nhau thi song song.
C. Hinh chiéu song song ctia hai m¢t hinh vudng 1a mét hinh vuéng.
D. Hinh chi€u song song cua mdt luc gidc déu la mot luc giac déu.

» Cau 5. Qua phép chiéu song song 1én mgt phang (P), hai dwong thang a va b c6 hinh chiéu la
hai duong thang song song a' vab'. Khi dé:
A. a va b phai song song vdi nhau.
B. a va b phai cat nhau.
C. avab co thé chéo nhau hodc song song véi nhau.
D. a va b khong thé song song.

» Cau 6. Cho t& dién ABCD. Goi G la trong tam cua tam giac ACD . Hinh chiéu G’ cua diém G
trén mit phang (BCD) theo phwong chiéu AB la:

A. Trong tam cta tam giac BCD.
B. Trung di€ém BC.
C. Trung diém CD.
D. Trung diém BI véi I la trung diém CD.

» Cau 7. Cho hinh lang tru ABC.A'B'C’. A" hinh chiéu ctia A trén (A’B’C') qua phép chiéu song
song theo phuong la deong thang nao?
A. CC'. B. CA'". C. CA. D. B'A'.

» Cau 8. Trén hinh bén dwdi, ta cé phép chiéu song song theo phrong d va mét phang Chié'u(P) ;
AB/| CG va AB=DG; A',B,C',D',E',G" Tan luot 1a hinh chiéu cta A,B,C,D,E,G qua
phép chiéu noi trén.
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Khi d6, c6 bao nhiéu khing dinh ding trong cic ménh dé sau

@ DG_DG oy E2_CD. (iii)) DG = A'B'.
AB _ A'B DE  DE
A. 0. B.1. C.2. D.3

» Cau 9. Cho hinh lang tru ABC.A'B'C’. Goi G la trong tam cua tam giac ABC. Qua phép chiéu
song song duong thing AA’ mit phang chiéu la (A’B'C') bién G thanh G'. Tim ménh

dé dung?
A. G' la trong tam tam giac A'B'C’. B. G' 1a trung diém ctia A'B'.
C. G’ la trgc tam tam giac A'B'C’. D. G’ la trung diém caa B'C'.

» Cau 10.Cho hinh chép S.ABCD day la hinh binh hanh tdam O. Trén canh SB,SD lan luot 1ay
diém M, N sao cho SM =2MB va SN = %SD . Hinh chiéu cia M, N qua phép chiéu
song song lén mit phang chiéu (ABCD) theo phuong ctia duong thang SO Tan luot 1a

P,Q. Tinh tis§ 2.
0Q

A. 2. B. l C. 3 D. g
2 4 3
» Cau 11.Hinh biéu dién ctia hinh chit nhat trong khong gian khong thé 1a hinh nao trong cac hinh
sau?
A. Hinh thang B. Hinh binh hanh C. Hinh chtnhat D. Hinh thoi

» Cau 12.Trong khong gian, hinh nao khéng phai 1a hinh biéu dién ctia hinh chép tam gidc?

KR SWANGYAN

» Cau 13. Hmh biéu dién cua hmh hoép ABCD.A'B’ C'D' len BC’D theo phtrong AB la:

A. Mot tam gidc. B. MQt hinh bmh hanh
C. M6t ngti giac. D. Mot luc giac.
» Cau 14.Cho hinh hop ABCD.A’B'C'D’. Hinh biéu dién ctia AA'C'D’ qua phép chiéu song song
1én mat phang (ABCD) theo phuong A'B la
A. Mot tam giac ABC.
B. Mot tam giac BCI, v6i I 1a diém sao cho C la trung diém cua DI .
C. Mot tam giac ACD.
D. Mot tam giac DCM, v6i M 1a diém sao cho C 1a trung diém ctia BM.
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» Cau 15.Cho hinh chép S.ABCD c6 ddy ABCD la hinh thang véi AB // CD, AB=3CD. Goi M,
N theo thit ty 1a trung diém SB,SC va K la giao diém ctia duong thang SD véi mét
2 1.~ SK
phang (AMN ) Tinh ty s D’
A RS B. 2K _1. c X_2 LR2
SD 5 SD 2 SD 7 SD 3
B. Cdu hoi - Tra loi Diing/sai
» Cau 16.Xét tinh dung/sai ctia cac ménh dé sau?
M¢énh dé Pung | Sai
Hinh chiéu song song ctia hai duong thang song song 1a hai duong
thang cat nhau.
Phép chiéu song song bién ba diém thang hang thanh ba diém thang
hang va khong lam thay d6i thi tu gitra cac diém.

(@)

(b)

Cho mit phang (P), duong thang | cat (P) va diém M khong nam
© trén duong thang [. Goi diém M’ 1a anh ctia diém M 1én mit phang
(P) theo phuong chiéu | ctia phép chiéu song song. Khi d6 MM’

song song .

@ Phép chiéu song song lam thay ddi ti s6 dd dai ctia hai doan thang

nam trén hai duong thang song song hoac trung nhau.
» Cau 17.Cho hinh lap phwong ABCD.A'B'C'D'. Xét phép chiéu song song theo phwong chiéu

AA'.
M¢énh dé Pung | Sai
(a) | Hinh chiéu ctia C' 1én m3t phang (ABCD) 1a C.
(b) | Hinh chiéu cta B 1én mit phang (A’B’C'D’) la A'.
Goi Ova O' lan lwgt 1a tdm cta hinh vuéng ABCD va A'BCD.'.
Hinh chiéu ctia O 1én mit phang (ABCD) laO'.

(d) | Hinh chiéu ciia AC 1én mat phang (A’B’C’D’) la A'C.
» Cau 18.Cho hinh hop chi* nhat ABCD.A'B'C'D'. Xét cac ménh dé sau:

Ménh dé Pung | Sai

Hinh chiéu cta C 1én (A’B’C') theo phuong chiéu DA’ trong phép

(c)

(@)

chiéu song song la diém C".
Goi Ova O' lan luot 1a tAm caa ABCD va A'B'C'D'. Hinh chiéu cua
(b) | di€m A 1én mat phang (A’B'C') theo phuong chiéu OO’ trong phép

chiéu song song la diém A"

Goi I va I' Tan luot la trung diém cua AB va A'B. Hinh chiéu cta I
(c) | 1én mit phang (A'B'C’) theo phuong chiéu AI' trong phép chiéu
song song la diém A’

Goi G la trong cua AABC. Goi G’ la hinh chiéu cta G 1én

d) (A’B'C 'D’) theo phuong chiéu II' trong phép chiéu song song. Khi
d6 G' la trong tam AA'B'C'.

» Cau 19.Cho hinh ldng tru ABC.A'B'C’;I va I' lan luot la trung diém cua doan AB va A'B'.
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Ménh dé

Dung

Sai

(a)

Al'[/IB'

(b)

Hinh chiéu song song ctia I trén mit phing (A’B’C') phuong A'l 1a
diém C'.

(0

Trong (A’B'C') , v€ hinh binh hanh A'C'MI". Suy ra ACMI' 1a hinh
binh hanh.

(d)

AMAA' 1a hinh chiéu song song cua ACAA’ theo phuwong Al’ trén
(AIBICI)

» Cau 20.Cho hinh hop chit nhat ABCD.A'BC'D'.

Ménh dé

Pung

Sai

(a)

ADC'B'la hinh binh hanh

(b)

Hinh chiéu song song ctia A 1én mat phang (BCC 'B') qua phép
chiéu song song theo phuong ctia duwong thang C'D 1a B'

(c)

Hinh chiéu song song ctia AAB'D’ trén mét phang (BCC'B') qua
phép chiéu song song theo phuong ctia duwong thang C'D’ 1a ABB'C'

(d)

Hinh chiéu ctia hinh hop ABCD.A'B'C'D' 1én mit phing (BC'D)
theo phuong AB la mot hinh tam giac

C. Ciu héi - Tra loi ngin

» Cau 21.56 ménh dé nao trong cac ménh dé sau
(a) Phép chiéu song song bién doan thang thanh doan thang.
(b) Phép chiéu song song bién hai duong thang song song thanh hai duwong thang cat

nhau.

(c) Phép chiéu song song bién tam giac déu thanh tam giac can.
(d) Phép chiéu song song bién hinh vudng thanh hinh binh hanh.

= Dién dap so:

» Cau 22.Cho t& dién ABCD, M la trong tam cta tam gidc ABC. Goi N 1a hinh chiéu song song

ctia di€m M theo phuong CD 1én mit phang (ABD). Khi d6 % bang bao nhiéu? (lam

tron dén hang phin tram)

= Dién dap so:
» Cau 23.Cho hinh chép S.ABCD day 1a hinh binh hanh tam O. Trén canh SB, SD Ian luot 1ay

diém M, N sao cho SM=2MB va SN = %SD. Hinh chiéu ctia M, N qua phép chiéu

song song duong thang SO 1én mat phang chidu (ABCD) lan luotla P, Q. Tinh ti s6

oP

0Q

= Dién dap so:
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» Cau 24.Cho hinh lang tru ABC.A'B'C’, goi Ila trung di€ém AB. Goi S, S' lan luwot 1a dién tich
ctia tam giac AABC va hinh chiéu ctia tam gidc AA'C’1én mit phang (A’B’C ') theo

phuong IB'. Khi d6 ti s6 % bang

= Dién dap so:
» Cau 25.Cho hinh chép S.ABCD day la hinh vudng tam O canh 2. Trén canh SB,SD Ian luot 1dy

diém M, N sao cho SM =2MB va SN = %SD . Dién tich hinh chi€u song song ctia tam

gidc AAMN 1én mat phang (ABCD) theo phuong ctia duwong thang SO bang

= Dién dap so:
» Cau 26.Cho hinh chép S.ABCD cé ddy la hinh binh hanh, trén canh SA 18y diém M sao cho
MA=2MS . Goi O la tam cta hinh binh hanh ABCD . Mot phép chiéu song song theo

phuong MO 1én mat phang (ABCD) bién diém S thanh diém N . Ti s6 E—i’ bang

= Dién dap so:

Hét
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